INTRODUCTION AND STATEMENT OF THE RESULTS
In recents years several researches were devoted to the study of properties of solutions to elliptic equations involving the p-laplacian operator (see 494 L. DAMASCELLI [1] , [4] , [7] - [ 11 ] and the references therein). The difficulties in extending properties of solutions of strictly elliptic equations to solutions of p-Laplace equations are mainly due to the degeneracy of the p-laplacian operator. In particular comparison principles widely used for strictly elliptic operators are not available when considering degenerate operators. In this paper we consider a class of second order quasilinear elliptic operators with a "growth of degree p -1", 1 p oc, which includes the p-laplacian operator and prove for them some In the case of the p-laplacian operator A = ~L(?7) == In section 2 we prove different forms of weak and strong (maximum and) comparison principles. The proofs are based on simple estimates contained in Lemma 2.1 below that "explains" why maximum principles hold without special hypotheses about the degeneracies, while comparison principles are not in general available if p 7~ 2 in their full generality (see the remark after Lemma 2.1).
We begin with forms of weak maximum and comparison principles that extend to general p a similar theorem proved in [3] for p = 2. If the constant A which appears in these theorems is zero then they are formulations of classical weak principles, while if A > 0 they are weak formulations of the " maximum principle in small domains " proposed in [2] [10] by Tolksdorf. In particular if u and v are both solutions of equation [1] [2] [3] [4] [5] [6] [7] and have the same boundary data on ~03A9 then they must coincide.
( is a weak solution of (1-11) whose gradient vanishes only at the origin. Then u is radial and radially strictly decreasing.
Next we apply the previous comparison principles together with the "sliding method" as in [2] to get the monotonicity of solutions to suitable quasilinear elliptic equations. We illustrate the method with a simple problem which is a generalization to the p-laplacian operator of an analogous problem studied in [2] . It Recalling that w = log(v -u) and taking the -*-power we obtain where C' depends on N and ro depends on C2, N and b.
Next we consider (A-3) when j3 0, ,C~ ~ -1. After ko iterations of (A-5) we obtain as in the deduction of (A-7)
where Cio depends not only on C6 and ri but also on s through the bound~'~.
o -1 ~ = 1 -~ S
